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Abstract: Іп this paper we present some new inequalities relative to 
integer and functional parts. 
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denote the integer part, and respectively the fractional part. 
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Proof. In inequality ‚ we take и = [x] and 
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Theorem 3. If x > 0 and а> 1, then 


[x] " [x] 2 2а+1 
(a+Dix]+2{x} (a-D(x) *2[x]. (а-1Ха-2) | 





Z 3 
x t < 
ax+y+z x+ay+z х+у+а: а+2 


л 


Proof. In inequality 





, we take 


у=[х] and z= {x}. 
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Proof. In inequality 
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Theorem 5. If x > 0, then 
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Ч у 255 Х EIOS Xtyctz 


z- (x). 
Theorem 6. О, 
_ 21х1-1х) х 
Proof. In inequality 5/7 С >a+b+c,wetake а=х, b-[x], c= (x). 


Theorem 7. If x > 0, 
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Theorem 11. If x » 0, then 











Proof. In inequality >=? 
а+ 





<1 wetake а= x, Б = [х], c= {х}. 


12 ШИН | {x} Si 
x+{x} x+[x] 


Proof. In inequality У; >2 ,wetake у= [х], z= {х}. 
y+z 








Theorem 12. If х > 0, then 





(x + [x] Dx 00) 
[х]{х} 





Theorem 13. If x » 1, then zn MES) "i 
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Theorem 14. If x > 0, then (i { Л) >32[х]{х}. 
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Proof. In inequality У /ху > 2 {ху Ух, we take у= [x], z= {x}. 

Theorem 15. If x > 0, then (x? +[х}{х}) > бх ТН]: 
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Proof. In inequality У ху? b Муг, we take y = [х], z= {х}. 


Theorem 17. If х» 0, then JLA + (3) Jb ep) < (42-1). 
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Proof. In inequality У /х(у+ =) 542) х , wetake y=[x], z= (x). 
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Proof. In inequality Yt, wetake а= х, b-[x], с={х}. 
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Theorem 19. If х > 0, then (x «[x]) + (x ()) > 21xDx] x] + [В+ (хр. 
Proof. In inequality Y») 221xyz-- $ x^, we take у= [x], <= {х}. 


Theorem 20. If x > 1, then шин + цам « [xi + Па) : 
и х+[х] 10) ү] 


Proof. In inequality p цан NS ‚ме take y = [х], <= {x}. 
xir 











xX 5 
+ 2—. 
D x+{x} 2 


Ye 





Theorem 21. If x » 0, then 


Proof. In inequality Y , we take y = [x], z= {х}. 
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Proof. In inequality y > a we take y=[x], z= {x}. 
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Theorem 24. If x > 0, then e! +e! > 24 x. 
Proof. In inequality e +е >2+y+z,we take у= [х], z^ {x}. 


Theorem 25. ЇЇ x €R , then [sin[x]| + |sin(x)| + |cosx| 21. 
Proof. In inequality |sina| + |sinb|-- |cos(a + b) 2 1 we take а= x, b= (x). 
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Proof. In inequality »` УЕ A25 c we take y = [х], <= {x}. 
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roof. In inequality *' _ i we take у= [x], <= {x}. 
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Theorem 32. If x eR , then 

1). [sin x| < |sin[x]| + |sin(x]] 

2). |cosx| < |сов[х]| + cost x3 
Proof. In inequalities |sin(a + b) < [sina] + |sin b| and 
lcos(a +b) < [cosa] + , We take а= х, b = [x]. 
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Theorem 40. If x 0, then 7(x «[xI) +7(х+{х})' > 35-4(81 (37). 
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